(ai) T(a m ).
The object of this paper is to prove the following generalization of (2) :
T ( Z->oo where M(z) is the number of elements of 5 not exceeding z.
For the proof of (3) we require the following lemma. and (d, v\) 
Note that this proof still holds when one or both of k, Z = 0; for k = 0 t (4) reduces to
Substituting (6) in (4) By the lemma Observing that the first two terms may be estimated by the induction hypothesis and that the factors of the third term are not less than 0, we get
by the lemma. Hence (3) (7) are positive, and the inequality sign will hold in (8).
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